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Abstract. Small wind turbines can generate clean energy in diverse locations, from urban
to rural areas, without access to the main grids. This study proposes design optimization
of an Axial Flux Permanent Magnet (AFPM) synchronous machine for small-scale portable
applications. At �rst, a fast, accurate and pragmatic hybrid analytical model is proposed
for performance prediction of the machine. The proposed model is then used as a basis for
direct search optimization with factual constraints and objective functions to improve the
machine in terms of e�ciency, weight, and convenience of the manufacturing process. 3-
Dimensional Time Stepping Finite Element Method (3-DTSFEM) is utilized to validate the
accuracy and e�ectiveness of the proposed model and optimization methodology. Output
characteristics of the machine from both analytical model and 3-DTSFEM are compared
to each other, thus proving the functionality of the proposed study.
© 2022 Sharif University of Technology. All rights reserved.

1. Introduction

Recently, wind energy has attracted much attention as
a clean energy to replace fossil fuels since it is a readily
and naturally available source. It was anticipated that
by 2021, more than 1000 GW of the power in the world
was produced by wind energy [1]. In future, urban
small wind turbines will play a massive role along with
giant ones in producing a massive amount of power. In
this regard, there is a growing interest to use small-
scale wind turbines in buildings. Thus, it is essential
to research the electric generator, which is a crucial
part of wind energy conversion systems. Commonly,
wind speed in urban areas is low and one good choice
for such applications is Axial Flux Permant Magnet
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(AFPM) generator with a large number of poles. An
AFPM generator enjoys high power density and high
e�ciency. Since this type of machine has a small axial
length, it can be used in an axially modular structure
to reach higher output power [2{8]. Numerous studies
have been conducted in this domain [9{11].

Multi-objective design optimization of a yokeless
and segmented armature (YASA machine) for direct
drive wind turbine has been investigated. Pareto front
method is utilized to �nd the best con�guration for the
poles and stator segments in terms of minimizing the
inherent cogging torque of the machine [12]. A double-
stator and three-rotor AFPM synchronous machine
is designed so as to reduce iron loss and weight of
the machine for direct drive applications [13]. Hijazi
et al. [14] evaluated the comparative stator design of
armature copper conductors with eddy current loss
and AFPM generators with stator core losses for wind
turbine application. A new type of Permanent Magnet
(PM) machine having both radial and axial 
ux, so-
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called hybrid-
ux, was presented in [15]. The power
density of the proposed generator was 9.4 times larger
than that of the commercialized one. In case winding
consists of non-overlapping concentrated coils and has
a non-integral coil-pole ratio, with an appropriate
choice of armature coil number to pole number, the
fundamental winding factor of the AFPM synchronous
generator can be made close to that of a full-pitched
integral slot winding structure [16]. A novel tech-
nique was employed for modeling Partitioned Stator
Flux-Switching PM (PS-FSPM) machines by Magnetic
Equivalent Circuit (MEC), which considers saturation
e�ects by nonlinear reluctances and provides adjustable
accuracy for modeling the machine [17]. Widyan
and Hanitsch [18] presented a new three-slot three-
phase four-pole rare-earth radial-
ux PM variable-
speed electrical generator with soft magnetic material.
Some studies have studied synchronous machines with
Halbach array of PMs. An appropriate con�guration
of Halbach PMs was extracted and then, a Non-
dominated Sorting Genetic Algorithm-II (NSGA-II)
technique was used to optimize the e�ciency, size, and
mass of the generator. The winding of the machine is
Printed Circuit Board (PCB) based [19].

Design optimization of an electrical machine re-
quires a mathematical model for performance predic-
tion and analysis of the machine. Typically, Finite
Element Analysis (FEA) is the most accurate approach
to analyzing an electric machine; however, due to 3-
Dimensional (3-D) structure of AFPM generator, it is
almost impossible to run an optimization loop based
on the Finite Element Method (FEM) because it takes
much time to do the process.

Use of empirical data (e.g., sizing equations)
is another way that signi�cantly shortens simulation
time and can be used as a basis for optimization
processes [20]. However, this method is not quite
accurate due to poor estimation of equivalent circuit
parameters. Di�erent analytical models including
Winding Function (WF) [21,22], MEC [23], and Fourier
series method [24] are developed for designing and
optimization of electrical machines. An analytical
model enjoys shorter simulation time and comparable
accuracy, compared to FEM. An enhanced model of
MEC model for evaluation of air-gap leakage 
ux
of AFPM generator was presented in [25]. Alipour-
Sarabi et al. [26] applied a general analytical modeling
technique to evaluate the performance of axial 
ux
machines. The proposed model is based on the actual
three-dimensional MEC. Flux fringing e�ect, skewed
slots, static and dynamic eccentricity, and core magne-
tization curve are included in the model to make it as
accurate as possible. Multi-objective optimization de-
sign of air-cored AFPM generators based on Taguchi{
Response Surface Method (RSM) was proposed in [27].
The main characteristics of generator e�ciency, power

quality, induction electromotive force, and others are
taken as optimization objectives.

In this paper, design and optimization of a core-
less surface mounted double-rotor AFPM generator is
presented for low-speed wind turbine applications. At
�rst, design considerations and practical limitations
are expressed to determine geometrical parameters
including the shape of PMs and length of back iron.
Furthermore, the relationship between di�erent dimen-
sional parameters was obtained to reduce the design
and optimization variables. Thereafter, a very fast
and accurate analytical model was presented through
direct solving of Maxwell equations and combining with
the classical model of synchronous generators. In the
developed model, 3D e�ects such as end winding of
stators' coil and variation of geometrical parameters in
r-component (along with radius) are considered. The
hybrid analytical model is used to design a 500 Watts
generator. Then, the optimization model is applied to
promote the e�ciency of the designed generator and
reduce the material cost and weight. Due to the very
short simulation time of the model at each iteration,
the entire optimization process takes less than 15 min.
Finally, all analyses are veri�ed by 3-Dimensional Time
Stepping Finite Element Method (3-DTSFEM). It is
shown that the optimal design reduces the PM weight
and total weight by 22.5% and 11.1%, respectively, and
the e�ciency of optimal design increases by 2.5%.

2. Machine structure and design consideration

In Figure 1(a), the stator and rotors of a 3-phase
AFPM generator are shown. As can be seen, the stator
is composed of a 3-phase winding, which is located
between two rotors. Each stator winding consists of
a number of similar coils placed in sequential patterns.
It should be noted that there is no stator core in this
con�guration; therefore, the windings are located on a
non-ferromagnetic material.

Each rotor includes a non-laminated ferromag-
netic disk with Npm surface-mounted trapezoidal PMs

Figure 1. Structure of the coreless AFPM generator: (a)
Exploded view of one module and (b) illustration of four
module.
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such that their polarization direction varies from one
PM to another. In general, the relationship between
stator coils and rotor PMs is followed by:

Nc
Npm

=
m

m+ 1
; (1)

where m is number of phases, Nc is number of stator
coils, and Npm is number of PMs on each rotor or
number of poles.

In this machine, the magnetic �eld in rotor cores
is not alternative; therefore, rotor core loss is negligible.
As a result, rotor core can be made by non-laminated
materials. Moreover, the stator is air cored and has no
magnetic material; accordingly, the overall core loss in
this generator is negligible.

As mentioned before, axial 
ux machines have an
inherently more e�cient topology in electromagnetic
sense. In addition, due to small axial length and
special structure of axial 
ux machines, they can be
used in modular structure by putting them together
(Figure 1(b)). Moreover, in such con�gurations, to
reduce stack length and weight of the machine further
instead of using two rotor cores for each module, it is
possible to mount PMs on both sides of each rotor core.
However, one must keep in mind that the thickness of
the rotor core should be calculated until there is no
saturation.

Therefore, to obtain a certain level of output
power, the number of modules may vary. In general,
the output diameter of the axial 
ux machine is too
large compared to its radial counterpart for the same
power output, especially in coreless types. Therefore,
upon using a modular structure, one can reduce the
power of each module by reducing the outer diameter
and using additional modules to obtain the desirable
output power. In this way, there is a balance between
radial and axial lengths of the whole system, making it
more rigid and robust against radial and axial forces.

2.1. PMs shape
As shown in Figure 1(a), PMs are trapezoidal because
PM volume, or PM energy, has a direct relation with
the output power of the machine. Compared to other
PM shapes, the trapezoidal shape provides maximum
volume at constant thickness of the PM and constant
inner and outer diameters of the rotor. Moreover,
trapezoidal PMs are not cost-e�cient and are, also,
not widely accessible in the market. As can be seen
in Figure 2, instead of using one trapezoidal PM, two
rectangular PMs with di�erent widths and lengths can
be used. In this structure, in order to maximize the
volume of the PMs, it is necessary that the width of
the inner PM (Wpm1) be maximum. With the inner
diameter of the rotor and number of the poles at hand,
the width of the inner PM can be calculated by using
Eq. (2):

Figure 2. Illustration of using two rectangular PMs
instead of one trapezoidal PMs.

Wpm1 = Di tan�1 �
Npm

; (2)

where Wpm1 is the width of the inner PM in mm, Di
the inner diameter of the rotor in mm, and Np the
number of poles.

In order to make the design of the PMs compatible
with the availability of PMs in the market, the standard
size of the PM width is changing with 1 mm steps.
Hence, by using the same procedure and taking the
length of the inner PM (Lpm1) into account, the width
of the outer PM (Wpm2) is then calculated.

Likewise, if there are more rectangular PMs, the
width of each PM can be calculated with the same
procedure. Moreover, it can be proved that when using
two rectangular PMs instead of one trapezoidal PM,
the total cross-section of the PMs is maximum when
they have the same length, Lpm2 = Lpm1.

2.2. Coils
Figure 3 shows one of the coils of stator winding. Since
core loss for this machine is negligible, the majority
of power loss originates from the copper loss in the
winding, as mentioned before. At constant output
power, the cross-section of the coils is larger, copper

Figure 3. Structure of a stator's coil.
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loss lower, and the e�ciency of the machine higher. As
a result, the cross-section of the coils should be at their
maximum possible value.

In order to increase the cross-sectional area of
the coils, either width (Wc) or height (Hcoil) must be
increased. Width of the coils is determined based on
the inner diameter of the machine and number of the
coils. Since these two parameters are already known,
the maximum width of the coils can be calculated
based on Eq. (1). As mentioned before, another way
to increase the cross-sectional area of the coils is to
increase their height. Unlike the width which does not
signi�cantly change the behavior of the machine, when
the height of the coil increases, the air-gap length is
basically increasing, which a�ects the whole character-
istic of the machine. Thus, to have the freedom of
increasing the height of the coil, this parameter should
be e�ectively considered in the model so that it can
predict the power, e�ciency, etc. for di�erent heights
of the coil.

With the width and height of the coils at hand,
the number of conductors per coils (Tc) is roughly
calculated (Figure 3). Moreover, since the diameter of
the conductor has been determined (dcu), �lling factor
(fcu) can be calculated, too [28]:

fcu =
TcAcu
Aslot

=
Tc�d2

cu
4WcHcoil

: (3)

Resistance of the coils (Rc) is then calculated as follows
(Figure 3):

Rc =
Lcu
�Acu

; (4)

where � electrical conductivity of coil; Acu and Lcu are
the area and equivalent length of each coil, respectively,
which are calculated as:

Acu =
�d2

cu
4

=
WcHcoil

Tc
fcu; (5)

Lcu= Tc
�

(��4:5)Wc+
�
Nc

(Do+Di)+(Do�Di)
�
:
(6)

Then, the resistance of each phase is calculated as
follows:

Rphase =
RcNc
m

: (7)

This will be used to calculate I2R losses and, �nally,
the e�ciency of the machine.

Same as PMs, to design coils, the diameter of the
conductors is considered in discrete steps to make it
feasible and compatible with the actual manufacturing
process. For this matter, the diameter of the conductor
is changed from 0.2 to 1 mm with 0.05 steps and the
increasing step is 0.1 mm after 1 mm.

As discussed earlier, the main objective of this
paper is to design a coreless modular AFPM machine
�rst with the maximum of 500 Watts for each module
and then, to optimize the machine to ensure maximum
e�ciency and minimize the weight.

It is quite well known that for designing any
complicated device such as an electric machine, it is
necessary to have a mathematical tool to predict the
behavior of that device. In this regard, FEA is one
of the numerical methods that is very popular and
probably the most accurate way to solve mechanical,
thermal, and electromagnetic problems. FEA is a
perfect tool to design the initial sample. However,
in the case of optimization, FEA may not be quite a
viable option. The reason is that most optimization
algorithms work based on iterations and usually take
thousands of iterations to reach the most optimum
results. All in all, the need for an accurate and fast
model for analyzing and predicting the behavior of
the machine in di�erent conditions and with di�erent
parameters is irrefutable.

3. The analytical model

Di�erent analytical models including MEC [23] and
WF models [21] have been proposed for analyzing
electric machines. Compared with FEA, these models
are not accurate enough because both MEC and WF
consider only the normal component of the �eld. In
Permanent Magnet Synchronous Motors (PMSMs),
due to the longer air-gap length, the tangential com-
ponent of the �eld has a signi�cant impact that should
be taken into account [29]. Despite these models, the
methods that are based on solving Maxwell equations
can accurately calculate the 2D �eld, leading to a
good prediction of leakage and fringing 
ux of the
PMs. Maxwell equation-based models are subject to
their own de�ciencies, too. For instance, for electric
machines with teeth and slots, the matter gets very
complicated and machine designers try to compensate
that e�ect with particular coe�cients like Carter's
coe�cient, decreasing the accuracy of the model.

In this section, a 2D analytical model for the
mentioned Permanent Magnet Synchronous Genera-
tor (PMSG) based on the direct solving of Maxwell
equation is presented. For the sake of simplicity, the
following assumptions have been considered:

� Magnetic permeability of ferromagnetic is in�nite
(�iron =1);

� PMs magnetic permeability is equal to air gap
(�pm = �0);

� The r-component of magnetic �eld is zero (radial
edge e�ect neglected);

� Curvature e�ect on the axial 
ux structure is ne-
glected.
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Figure 4. Analytical model: (a) cross-section of machine
in speci�ed radius and (b) magnetic polarization of PMs.

Figure 4(a) shows the cross-section of the machine at
a speci�ed radius. Based on the machine structure,
it can be concluded that the magnetic �eld in upper
and lower halves of the machine is symmetric and x-
component of the magnetic �eld on y = 0 axis is equal
to zero (Figure 4(a)). Therefore, it is not only accurate
but also faster to perform the calculations for only
one half of the machine. Vector potential in di�erent
layers of the machine is calculated by solving Poisson's
equation [24]:

r2Az = ��0(r�M0)� �0Jz; (8)

where M0 is residual magnetization, Jz current density,
Az magnetic vector potential, and �0 the permeability
of free space. In the following, Az created by PM
and coils' currents are calculated separately. Based on
superposition theorem, it is a valid and straightforward
way of calculating vector potentials.

3.1. Permanent Magnets (PMs)
Figure 4(b) shows the magnetic polarization distribu-
tion of PMs. Fourier series of magnetic Polarization is
calculated as:
My =

X
n=1;3;5;���

bPMn sin(n!PMx); (9)

where n is harmonic order; My is magnetic polarization
in the y direction; !PM and bPMn are:

!PM =
Npm
2r

; (10)

bPMn =
4Hc

n�
sin

n!PMwmg
2

sin
n!PMwPM

2
; (11)

where wPM is the width of PM, Hc the coercivity of
PMs, and wmg calculated as follows:

wmg =
2�
Npm

r; (12)

where r is the speci�c radius of the machine.

Irrespective of the current density of coils, coil
area (region I) and air gap area (region II) are the same.
Therefore, by solving Eq. (8), the magnetic vector
potential in regions I and II (APM

I�II;Z) is calculated as
follows:

APM
I�II;Z =

1X
n=1;3;���

h
CPM

1n en!PMy +DPM
1n e�n!PMy

i
cos (n!PMx) ; (13)

and magnetic vector potential in region III (APM
III;Z) is

obtained by:

APM
III;Z =

1X
n=1;3;���

h
CPM

3n en!PMy +DPM
3n e�n!PMy

+KPM(n)
i

cos(n!PMx); (14)

where constant coe�cients, CPM
1n , CPM

3n , DPM
1n , DPM

3n
and particular solution of Eq. (8), KPM, are calculated
under boundary conditions:

CPM
1n =

0:5�KPM(n)
cosh(n!PMh1) + sinh(n!PMh1)

tanh(n!PMHPM)

; (15)

CPM
3n = �en!PMh2

sinh(n!PMh1)
sinh(n!PMHPM)

CPM
1n ; (16)

DPM
1n = CPM

1n ; (17)

DPM
3n = e2n!PMh2CPM

3n ; (18)

KPM(n) =
�0bPMn

n!PM
; (19)

where HPM is the height of PMs and h1, h2 are:

h1 =
Hcoil

2
+ g; (20)

h2 = h1 +HPM; (21)

where Hcoil and g are the height of coils and air gap
length, respectively.

3.2. Stator coils
To calculate magnetic vector potential of stator coils,
the Fourier series of coils current must be obtained in
the �rst step. Figure 5 shows the current density for
phase b. Therefore, we have:

JWb =
X

n=1;2;3;���
bnb sin(n!wx); (22)

where Jwb is the current density of phase b and !w and
bnb are:
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Figure 5. Current density distribution of stator coils
(phase b).

!w =
Nc
3r
; (23)

bnb =
4Jbm
n�

sin
n!wwcg

2
sin

n!wwc
2

; (24)

Jbm =
TIb

wcHcoil
; (25)

where T is the number of turns in each coil of stator,
Ib current of phase b, wc the coil width, and wcg is as
follows:

wcg =
2�
Nc

r � 1:25wc: (26)

Since PMs are neglected, regions II and III are the
same. Therefore, Az in region I is calculated as follows:

AcoilI;Z =
1X

n=1;2;3;���

h
Ccoil1n en!wy +Dcoil

1n e�n!wy

+Kwb(n)
i

sin(n!wx): (27)

Moreover, in regions II and III, we have:

AcoilII�III;Z =
1X

n=1;2;3;���

h
Ccoil3n en!wy +Dcoil

3n e�n!wy
i

sin(n!wx); (28)

where constant coe�cients, Ccoil1n , Ccoil3n , Dcoil
1n , Dcoil

3n ,
and the particular solution of Eq. (8), Kwb, are calcu-
lated by applying boundary conditions:

Ccoil1n =
�0:5�Kwb(n)

cosh
�n!wHcoil

2

�
+

sinh
�
n!wHcoil

2 1

�
tanh(n!w(hPM+g))

; (29)

Ccoil3n = �e�n!wh2
sinh

�n!wHcoil
2

�
sinh(n!w(hPM + g))

Ccoil1n ; (30)

Dcoil
1n = Ccoil1n ; (31)

Dcoil
3n = e2n!wh2Ccoil3n ; (32)

Kwb(n) =
�0bnb

(n!w)2 : (33)

To calculate the magnetic vector potential for phase a
and c, it is enough to make a 120-degree phase shift in
Eqs. (27) and (28).

3.3. Consideration of 3D e�ect
So far, the 2D magnetic �eld created by PMs and phase
current has been calculated in a speci�c diameter. In
this way, one can compute the total magnetic �eld
based on superposition theorem and by integrating
the 2D magnetic �eld throughout the radial axis of
the machine. To make the model more accurate and
consistent with 3D structure of the machine, some
e�ects like the change in PMs' width and the location
of the coils at di�erent radii should be taken into
account. Since there are two di�erent widths for the
PMs, the machine is divided into two regions, A and
B, as shown in Figure 6. Magnetic �elds in each region
are calculated separately; then, they are summed up
together. To ensure even higher accuracy, one can
increase the number of regions.

3.4. Flux linkage
To obtain output voltage, self and mutual inductances,
linkage 
ux due to PMs, and phase currents should be
calculated. Flux linkage for each coil is calculated as
follows:

' =
Z

~B � d~s = l(A1 �A2); (34)

where l is the axial length of the region where 
ux
linkage is calculated. A1 and A2 are the average values
of vector potentials of each leg of the coil. To clarify,
A1 and A2 created by PMs for the coil related to phase
b (APM

1;b and APM
2;b ), shown in Figure 4(a), are obtained

as follows:

APM
1;b =

1X
n=1;3;���

CPM
coil;n � cos

�
n!PM

�wcg
2

+ �
��

;
(35)

APM
2;b =

1X
n=1;3;���

CPM
coil;n � cos

�
n!PM

�wcg
2
� ��� ;

(36)

where � is the position of the rotor and CPM
coil;n can be

calculated from the equation below:

Figure 6. Consideration of radial change in the model.
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CPM
coil;n =

8CPM
1n

WcHcoil(n!PM)2 sinh
�
n!PMHcoil

2

�
sin
�n!PMwc

2

�
: (37)

Vector potentials for self-linkage 
ux of each coil (Aself1
and Aself

2 ) are calculated as follows:

Aself1 = �Aself2 =
1X

n=1;2;3;���
Ccoil;n sin

�n!wwcg
2

�
:
(38)

Moreover, vector potentials for mutual-linkage 
ux of
the adjacent coils (Amutual1 and Amutual2 ) can also be
calculated as follows:

Amutual1 =
1X

n=1;2;3;���
Ccoil;n sinn

�
!wwcg

2
� 2�

3

�
;
(39)

Amutual2 =�
1X

n=1;2;3;���
Ccoil;n sinn

�
!wwcg

2
+

2�
3

�
;
(40)

where Ccoil;n is:

Ccoil;n =
4

WcHcoil(n!w)2

�
2Ccoil1n sinh

�
n!wHcoil

2

�
+
n!wHcoilKwb(n)

2

�
sin
�n!wwc

2

�
: (41)

3.5. Output characteristics
In general, to obtain the full output characteristics of
the machine, in addition to the magnetic �eld, other
governing machine equations like electrical and me-
chanical equations should be brought into calculations
simultaneously. Since the machine is supposed to work
in the generator mode in this paper, the mechanical
equation can be neglected. However, for electrical
equations, there are two ways to obtain output voltage
and current:

� Calculating the output characteristics by solving
di�erential equations governing the output circuit
in the time domain using a numerical or analytical
method. In this method, transient response, har-
monic content of current and voltage, asymmetrical
output current, torque ripple, etc. are considered;

� Using a simple classic model of synchronous ma-
chine.

Although the �rst one is accurate, it is not economical
in terms of processing time. Therefore, the latter is
used as the performance analysis model of the machine
and for optimization process in this work. The proce-
dure initiates by calculating the RMS value of no-load
induced voltage, winding inductances, and winding

resistance. Winding resistance can be calculated from
Eq. (7). From Eqs. (38) to (41), inductances are
calculated by assuming a three-phase balanced output
current as follows (e.g., for phase b):

Lphase =
LselfIb + LmutualIa + LmutualIc

Ib

=Lself�Lmutual= �bb��ab
Ib

=
TNc

3
'bb�'ab

Ib

=
TNcl
Ib

0BB@ 1X
n=1;2;4;5;7;���
n 6=3;6;���

Ccoil;n�sin
�n!wwcg

2

�1CCA ;
(42)

where Lself and Lmutual are the self-inductance of each
phase and mutual inductance between two di�erent
phases, respectively. �bb and �ab are the 
ux linkage
of phase b created by current of phases b and a,
respectively. RMS value of no-load induced voltage
(Ef ) due to PM 
ux and rotor speed is calculated as
follows:

Ef = !s
max(�PM)p

2
=
!sTNc

3
p

2
max('PM)

=
!sTNcl

3
p

2
max

�
APM

1;b �APM
2;b
�

=
p

2
!sTNcl

3

1X
n=1;3;���

CPM
coil;n sin

�
n!PM

�wcg
2

��
;

(43)

where !s is the angular frequency and �PM is the

ux linkage of a phase created by PM calculated in
Eqs. (34){(37). Finally, having required parameters at
hand, output voltage (Vt) and load current (Ig) for a
particular load can be obtained as follows:

Ig =
Ef

j!sLphase + (Rphase +Rload)
; (44)

Vt = Ef � (j!sLphase +Rphase) Ig; (45)

where Rload is the equivalent load resistance and Rphase
is calculated in Eq. (7). Input power (Pin), output
power (Pout), losses (Ploss), and e�ciency (�) of the
machine can then be obtained as follows:
Pin = Re

�
3EfIg

�
; (46)

Pout = Re
�
3VtIg

�
; (47)

Ploss = 3RphasejIgj2; (48)

� =
Pout
Pin

: (49)

Using the developed analytical model and the design
considered in Section 2, a 500 Watts machine with
approximately 48 Volts output voltage is designed.
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Speed of the rotor based on the average speed of the
wind in a speci�c region is chosen to be 200 RPM.
According to what was mentioned in Section 2 about
the width of the PMs and coils, independent variables
include PM pole pairs, PM thickness, length ratio
of two di�erent PMs, air-gap length, outer diameter,
ratio of outer to inner diameters, conductor diameter,
coil height, and rotor core thickness. One constraint
is the outer diameter of the machine, which should
be less than 300 mm. As mentioned before, the
total cross-section of the PMs is maximum when they
have the same length; therefore, Lpm1=Lpm1 = 1.
The constraint of the discrete conductor diameter and
PM dimension is also considered. The initial design
dimensional parameters and output characteristics are
shown in Tables 1 and 2, respectively.

As mentioned before, the �nal purpose of this
paper is to have a machine with 500 Watts (for each
module) with maximum e�ciency, minimum volume of
PMs, and minimum weight for the sake of portability.
Accordingly, in the next section, the design optimiza-
tion of the generator is presented.

4. Design optimization

Because the simulation time of the developed model is
very short, in this section, direct search method is used
to optimize the initial design and �nd the global solu-
tion of optimization problem. All the considerations
and constraints in the initial design are incorporated
in the optimization problem. Among the independent
variables, the rotor core thickness has insigni�cant
e�ect on the output characteristics until the saturation
occurs. Moreover, the thickness of rotor core directly
a�ects the iron weight. Therefore, the thickness of
the rotor core is considered equal to the initial design.
Furthermore, the air gap length is also chosen the same
as the initial design due to mechanical considerations.
Therefore, among the independent variables, the outer
diameter of the machine, number of PMs, height of
the PMs, ratio of outer diameter to inner diameter,
conductor diameter, and coil thickness are chosen as
the optimization variables. The range of variables in
the optimization problem is shown in Table 3.

To maximize the e�ciency and minimize the

Table 1. Geometrical parameter of initial and optimal designs.

Independent
parameters

Initial
design

Final
design

Dependent
parameters

Initial
design

Final
design

Npm 20 24 Nc 15 18
Hpm (mm) 8 6 Wpm1 (mm) 23 26
Lpm2=Lpm1 1 1 Wpm2 (mm) 33 32
g (mm) 0.5 0.5 Lpm1 30 25
Do (mm) 270 300 Lpm2 30 25
Do=Di 1.8 1.5 Di (mm) 150 200
dcu (mm) 0.9 0.9 Tc 90 66
Hcoil (mm) 10.4 6.9 fcu 0.48 0.48
Hy (mm) 10 10 Wc (mm) 11.5 12.7

Table 2. The performance characteristic of the machine.

Characteristics Initial design Final design
3D FEM Analytical model 3D FEM Analytical model

Output power (Watt) 500 500.0 500 500.0
Rotor speed (rpm) 200.0 200.0 200.0 200.0
E�ciency (%) 86.1 86.1 88.4 88.1
Phase voltage (rms) 49.5 49.1 48.4 47.4
Line current (rms) 3.4 3.4 3.4 3.5
Simulation time > 120 min < 0:2 ms > 90 min < 0:2 ms
Weight of copper (kg) 1.5 1.1
Weight of iron (kg) 6.2 6.2
Weight of PMs (kg) 4.0 3.1
Total weight (kg) 11.7 10.4
O.F. 1.00 0.95
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Figure 7. Numerical simulation: (a) The designed generator, (b) schematic of mesh and 
ux density distribution in rotor
core for (c) initial design, and (d) optimal design.

Table 3. Optimization variable and limits.

Parameters Limits Parameters Limits
Min Max Min Max

Do (mm) 200 300 Do=Di 1.5 3
Npm 16 24 dcu (mm) 0.6 1.2
Hpm (mm) 5 20 Hcoil (mm) 5 15

volume of PMs and total weight of the machine, the
objective function is considered as in the following by
normalizing the e�ciency, PMs, and copper and iron
weights by using initial design value and appropriate
coe�cients:

O.F. = 0:85� 86:1
�

+0:08� PMs weight
4:0

+0:04

� Copper weight
1:5

+0:03� Iron weight
6:2

: (50)

By searching throughout approximately 2.0 million
cases using the developed analytical model, the one
with minimum objective function is selected as the
optimum design. Geometrical parameters and output
characteristics of optimal design are shown in Tables 1
and 2, respectively.

As demonstrated earlier, after optimization, the
following outcome is expected: PM volume is reduced
by 22.5%; e�ciency is increased by 2.3%; copper
volume is decreased by 26.7%; and total iron weight
does not change. Finally, the whole weight of the
machine is reduced by 11.1%.

It is worth mentioning that the whole optimiza-
tion process takes less than 15 minutes due to a
very short simulation time at each iteration (less than
0.2 ms).

5. Time stepping �nite element validation

To evaluate the accuracy of the developed model
and optimization process, their results are compared
with those of 3D TSFEM. Figure 7(a) shows the
3D structure of the designed generator in ANSYS
Maxwell software. To shorten the FEA simulation
time, periodic and symmetry boundary conditions are
used. Figure 7(b) shows the schematic of the mesh on
the studied generator. Flux density distribution on the
rotor core for initial and optimal designs is shown in
Figure 7(c) and (d), respectively. Figure 8(a) and (b)
show the magnetic 
ux lines in the cross-section of the
machine at a speci�c radius for both designs. The back
EMF of the three-phase winding is obtained from 3D
TSFEM for the initial and �nal designs, as shown in
Figure 9. Furthermore, the output characteristics of
designed machines are shown in Table 2. It can be
seen that the calculation error of the analytical model
with respect to the FEM simulation is less than 3%.
Whereas the required time for FEM analysis is longer
than 90 min, this time for the analytical model is less
than 0.2 milliseconds with the same system to run
the process. Fast calculation time for the proposed
hybrid model with a minimum amount of compromise
in accuracy of the model makes it a perfect basis to run
the optimization process.

6. Conclusion

In this paper, design optimization of a coreless Ax-
ial Flux Permanent Magnet (AFPM) generator was
presented. In this regard, a fast and accurate hybrid
analytical model by combining the solution of Maxwell
equations in di�erent regions with the classical model of
the synchronous generator was developed �rst. Then,
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Figure 8. Magnetic 
ux lines at a speci�c radius of AFPM generator obtained using 2D FEA for (a) initially designed
generator and (b) optimally designed generator.

Figure 9. Back EMF of initial and �nal designs obtained
from 3D TSFEA.

the developed model was used to design a 500 Watts
generator. Afterwards, the initial design was optimized
using a direct search optimization method. The
optimization process resulted in reducing the weight
of the machine by 11.1% (from 11.7 kg to 10.4 kg)
and increasing the e�ciency from 86.1 to 88.4. By
comparing the results of the proposed analytical model
and 3D TSFEA, the calculation error was seen to be
less than 3%. Furthermore, the simulation time of the
model was shorter than 0.2 ms, while the simulation
time of the FEA was longer than 90 min.
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