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Abstract. Unwanted vibrations of vehicles are regarded as harmful threats to human
health in biomechanical and psychophysical terms. Road roughness is considered as the
main cause of unwanted vibrations of bus vehicles. Vertical seat vibrations were found
via simulating a 10-Degree-Of-Freedom (10-DOF) model of an intercity bus vehicle under
harmonic and random excitations caused by road roughness. To suppress undesirable
vibrations, mass-spring-damper passive absorbers were proposed in a 13-Degree-Of-
Freedom (13-DOF) model of the bus. Following the optimization of the characteristics of
embedded passive absorbers under each seat and implementation of the designed absorbers,
the vertical displacement amplitudes in the frequency responses of the seats were reduced,
especially near the resonant frequencies of the bus. In addition, vertical displacement and
acceleration amplitudes decreased in the random excitation of road roughness. According to
the results, optimized mass-spring-damper absorbers were proposed as a practical solution
to suppress the e�ects of unwanted vibration on bus vehicles.
© 2021 Sharif University of Technology. All rights reserved.

1. Introduction

Professional bus drivers are the occupants that operate
vehicles for many driving hours and passengers expe-
rience unwanted vibrations mainly due to road surface
excitations [1]. The unwanted vibrations of vehicles are
concentrated in relatively low frequencies (0.5{25 Hz),
exposing the driver and passengers to a condition called
Whole Body Vibration (WBV) [2{4].

WBV at low frequencies can be harmful to hu-
man body since the resonant conditions have been
reported to occur at natural frequencies of the viscera
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distributed in the low-frequency range of 4{10 Hz [5,6].
Several studies have shown that WBV encompasses a
wide range of health risks from biomechanical damages
such as musculoskeletal, cardiovascular, nervous, gas-
trointestinal, etc. to psychological damages including
fatigue, stress, sleep disorder, etc. [5,7{9].

Furthermore, exposure to WBV leads to Lower
Back Pain (LBP) in the long run [10{12] which has
been repeatedly reported as a signi�cant health risk
among professional bus drivers [13{15]. Moreover,
LBP is the main reason for long sick leaves in gen-
eral [7,10,11,16]. The exposure-response relationship
between WBV and LBP has been extracted from
numerous studies [17{22]; however, the mechanism by
which WBV leads to the LBP has not been thoroughly
identi�ed [5,23,24].

Given that isolating the vibration of vehicles is
more e�cient when achieved locally than globally [25],
various main strategies have been proposed in numer-
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ous studies to isolate the vibration and reduce the
transmission of vibration e�ects on the seats. In dif-
ferent vehicles, these methods can include approaches
such as passive control, semi-active control, and active
control.

Maciejewski et al. developed a modi�ed passive
suspension system for working machine seats through
modi�cation of a viscous-elastic passive seat using
air-springs and shock absorbers. In their study, the
acceleration of the operator and relative displacement
of seat suspension were two opposing criteria used for
obtaining optimal solutions in the frequency range of
0{4 Hz [26].

In a study conducted by Verros et al., Single
Degree of Freedom (SDOF) and 2-DOF non-linear
and linear-quarter models of the vehicle were studied.
These models were subjected to random road exci-
tations to extract a methodology for optimizing the
characteristics of passive suspension such as damping
and sti�ness [27].

Optimization of passive vibration absorbers can
be challenging due to the varying conditions of a vehicle
and ampli�cation of the vibrations near the resonant
frequencies [28]. Conversely, in semi-active approaches,
seat suspension can be achieved su�ciently in di�erent
conditions of a vehicle [29]. Eason et al. [30] introduced
a dynamic absorber with passive and semi-active tuned
masses in series to reduce the vibration in a 3DOF
system in the wider range of frequencies. Choi et al.
studied the application of Magneto-Rheological (MR)
dampers in vehicles such as trucks [31].

Despite their capability to optimize functionality
in varying conditions, semi-active systems are known
to have poor performance at relatively low frequen-
cies [32]. Besides, ideal models of semi-active vibration
isolation do not apply to actual systems due to some
attributes of the real operating conditions such as
hysteresis of dampers and time delays [1].

Active seat suspension, which is characterized by
utilizing an external energy source, leads to a better
vibration isolation performance at low frequencies [29].
Numerous studies have been conducted to incorporate
this approach in vehicle suspension. Stein [33] proposed
a driver's seat with an electro-pneumatic active sus-
pension system using a pneumatic spring. Maciejewski
et al. [34] designed an active seat suspension using an
adaptive control strategy with high robustness against
varying loads. Gan et al. [29] presented an active
seat suspension system by considering the time-varying
form and non-linearity of the system to isolate single
and multiple frequency excitations.

Although numerous studies have considered the
advantages of the active control for isolating seat
vibration [35{37], an active system should technically
incorporate measurements of the velocity and rela-
tive displacement, thus creating unnecessary compli-

cations for the system and resulting in lower reliability.
Moreover, using pneumatic systems in active control
suspension may cause shortcomings such as the need
to implement a large energy source to maintain the
required air pressure and less reliability due to the
complex controllability of the active system [38].

In some studies, the three afore-mentioned control
strategies have been compared. Ore�cn�y et al. [39]
reported that compared to the passive seat, the ideal-
ized semi-active control of the seat vibration isolation
was improved approximately by 7%. Bouazara et
al. [40] performed a comparison among the passive,
semi-active, and active vehicle models and concluded
that the suspension was improved by approximately
50% in both active and semi-active methods.

Choosing a control strategy can become more of
a trade-o� problem in an actual design. While, based
on the comparisons, active control seat suspension
may result in better vibration cancellation, applying
such systems to intercity bus seats was not feasible in
commercial terms. The complexity of the system and
costs of the design and operation of semi-active and
active methods can be compromised with the simplicity
and practicability of passive approaches at the expense
of lower vibration cancellation in some cases.

In this research, the dynamics of an intercity was
modeled using a 10-DOF mechanism. The vibrations
of three speci�c seats, including the driver's seat and
two passengers' seats, were evaluated by harmonic
and random excitations caused by the asphalt road
pro�le. The multiple-degree-of-freedom model of the
problem facilitates a more accurate simulation of the
real condition to examine the vibration transmission
responses to the seats. Then, additional mass-spring-
damper passive absorbers were tuned for each seat
with optimized characteristics to reduce the e�ects
of vibration transmission to the seat, which would
�nally lead to a modi�ed model of the bus with passive
absorbers including thirteen degrees of freedom.

The e�cacy of the optimized passive absorbers
was then evaluated using two criteria including relative
vibrations and accelerations of the seats. Implemented
passive seat absorbers decrease relative vibration am-
plitudes in random excitations and conditions close
to natural frequencies of the bus (under resonant
conditions). Accelerations were also reduced in random
excitations, resulting in lower force transmission to the
seats.

According to this model, vibration amplitudes
and accelerations in passengers' seats decreased to a
greater degree than those in the driver's seat. There-
fore, vibration cancellation with passive absorbers is
quite a pragmatic and low-cost solution for passengers'
seats on a bus and it is highly recommended to ensure
greater seating and riding comfort for passengers. On
the contrary, adopting the passive control strategy for
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the driver's seat is not recommended considering long
working shifts and more frequent exposure to unwanted
vibrations; however, using passive absorbers for the
driver's seat facilitates the enhancement of vibration.

2. Mathematical modeling of the intercity bus
vehicle with vibration absorbers

2.1. Dynamics of the intercity bus vehicle as a
10-DOF model

To study the dynamics and vibrations of the bus, a
10-DOF model is used in the simulations according to
the mathematical model proposed by Sekuli�c et al. [41].
The considered bus has sti� front rear axles attached
to the vehicle body by two suspension airbags and four
telescopic shock absorbers in the front axle with four
suspension airbags and four telescopic shock absorbers
on the rear axle. A pneumatic elastic suspension and a
shock absorber are embedded in the driver's seat and
the passengers' seats are sti�-suspended. The bus has
two wheels on the front axle and four wheels on the rear
axle, which is common in most heavy road vehicles.
Furthermore, the bus is considered to be fully loaded.

Three locations considered for examining the vi-
bration e�ects on the driver's and two passengers' seats
are selected that represent three di�erent parts of a bus
with di�erent experiencing modes of the transmitted
vibrations in the front overhang, rear overhang, and
middle part of the bus (Figure 1).

As shown in Figure 2, ten independent motions of
this model comprising six vertical and four rotational
motions are described as follows:

Vertical motions related to:
1. Driver's seat located in the front overhang (Zv);
2. Passenger's seat located in the middle of the bus

(ZP1);
3. Passenger's seat located in the rear overhang

(ZP2);

Figure 1. Schematic view of three objective seat
locations for vibrational study in the bus model [41].

4. Center of gravity of the bus suspension system (Z);
5. Center of gravity of the front axle (Z1);
6. Center of gravity of the rear axle (Z2).

Rotational motions describing the orientation of a
Cartesian frame located at the:

7. Center of gravity of the bus suspension system
about the x axis (');

8. Center of gravity of the bus suspension system
about the y axis (�);

9. Center of gravity of the front axle about the x1
axis ('1);

10. Center of gravity of the front axle about the x2
axis ('2).

For the sake of simplicity, the model is assumed to
have a constant speed movement along the x-axis with
steady contact between the wheels and road. Front
and rear axles are considered rigid bodies and the
vibration characteristics of the model are linear. All
sizes and vibrational characteristics of the model have
been extracted from the catalog of technical data of
the bus [42]. Geometrical parameters, mass properties,
and oscillatory parameters of the model are given in
Tables 1, 2, and 3, respectively.

By applying Lagrange's equations, the motion
equations for the vertical and rotational degrees of
freedom can be extracted as follows (Eqs. (1){(10)):

For vertical motions:

Zv:
mv�zv + bsv _zv + csvzv � bsv _z � csvz

� s1bsv _'�s1csv'+s2bsv _�+s2csv�=0; (1)

Zp1:

mp1�zp1 + bsp1 _zp1 + csp1zp1 � bsp1 _z � csp1z
�s3bsp2 _'�s3csp1'�s4bsp1 _��s4csp1�=0;

(2)

Zp2:

mp2�zp2 + bsp2 _zp2 + csp2zp2 � bsp2 _z � csp2z
�s3bsp2 _'�s3csp2'�s4bsp2 _��s4csp2�=0;

(3)

Z:
m�z + (bsv + bsp1 + bsp2 + 2bp + 2bz) _z

+ (csv + csp1 + csp2 + 2cp + 2cz) z

+ (s1bsv � s3bsp1 + s5bsp2) _'

+ (s1csv � s3csp1 + s5csp2)'
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Table 1. Geometrical parameters of the model.

Parameter Description Value
l Distance from the front wheel to rear wheel 5.65 m
a Distance from the front axle to the bus center of gravity 3.61 m
b Distance from the rear axle to the bus center of gravity 2.04 m
f1 Distance from the front right and left wheel to the front axle center of gravity 1.00 m

e1
Distance from suspension element on the front axle to the front axle center of
gravity and longitudinal x-axis

0.70 m

f1 Distance from the rear right and left wheel to the rear axle center of gravity 1.00 m

e1
Distance from suspension element on the rear axle to the rear axle center of
gravity and longitudinal x-axis

0.80 m

s1 Distance from the driver seat to longitudinal x-axis 0.65 m
s2 Distance from the driver seat to transverse y-axis 5.45 m
s3 Distance from the seat of passenger 1 to longitudinal x-axis 0.80 m
s4 Distance from the seat of passenger 1 seat to transverse y-axis 0.50 m
s5 Distance from the seat of passenger 2 seat to longitudinal x-axis 0.40 m
s6 Distance from the seat of passenger 2 seat to transverse y-axis 4.20 m
ra Distance from the rear axle suspension elements to the rear axle 0.30 m

Table 2. Mass properties of the model.

Parameter Description Value
mv Mass of the driver and seat 100 kg
mp1 Mass of passenger 1 and seat 90 kg
mp2 Mass of passenger 2 and seat 90 kg
m Elastic-suspended mass of the fully loaded bus 15890 kg
mpm The front axle mass 746 kg
mzm The rear axle mass 1355 kg
Jx The suspended mass moment of inertia relative to the x-axis 13000 kg.m2

Jy The suspended mass moment of inertia relative to the y-axis 150000 kg.m2

Jx1 The front axle moment of inertia relative to the x1 axis 350 kg.m2

Jx2 The rear axle moment of inertia relative to the x2 axis 620 kg.m2

Table 3. Oscillatory parameters of the model.

Parameter Description Value

csv Spring sti�ness of the driver seat suspension system 10000 N/m
bsv Shock-absorber damping of the driver seat suspension system 750 Ns/m
csp1, csp2 Seat sti�ness of the seats of passengers 1 and 2 40000 N/m
bsp1, bsp2 Damping of the seats of passengers 1 and 2 220 Ns/m
cp Single air bag sti�ness on the front axle 175000 N/m
b1 Single shock-absorber sti�ness on the front axle 20000 Ns/m
bp Equivalent shock-absorber damping on the left and right sides of the front axle 40000 Ns/m
c2 Single air bag sti�ness on the rear axle 200000 N/m
cz Equivalent air bags sti�ness on the left and right sides of the rear axle 408650 N/m
b2 Single shock-absorber damping on the rear axle 22500 Ns/m
bz Equivalent shock-absorber damping on the left and the right sides of the rear axle 45973 Ns/m
cpp Single tire sti�ness on the front and the rear axle 1000000 N/m
czp Equivalent tire sti�ness on the left and right sides of the rear axle 2000000 N/m
bpp Single tire damping on the front and the rear axle 150 Ns/m
bzp Equivalent tire damping on the left and right sides of the rear axle 300 Ns/m
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Figure 2. 10-DOF model of the bus including vertical and rotational motions [41].

� (s2bsv + s4bsp1 � s6bsp2 + 2abp � sbbz) _�

� (s2csv + s4csp1 � s6csp2 + 2acp � sbcz) �
� bsv _zv � csvzv � bsp1 _zp1 � csp1zp1 � bsp2 _zp2

�csp2zp2�2bp _z1�2cpz1�2bz _z2�2czz2 =0; (4)

Z1:

mpm�z1 + 2(bp + bpp) _z1 + (cp + cpp)z1 � 2bp _z

� 2cpz + 2bbz _� + 2bcz� = bpp _"pd + cpp"pd

+ bpp _"pl + cpp"pl; (5)

Z2:

mzm�z2 + 2(bz + bzp) _z2 + (cz + czp)z2 � 2bz _z

� 2czz + 2abp _� + 2acp� = bzp _"zd + czp"zd

+ bzp _"zl + czp"zl: (6)

For rotational motions:

':

Jx �'+ (s2
1bsv + s2

3bsp1 + s2
5bsp2 + 2e2

1bp + 2e2
2bz) _'

+ (s2
1csv + s2

3csp1 + s2
5csp2 + 2e2

1cp + 2e2
2bz)'

� s1bsv _zv � s1csvzv + s3bsp1 _zp1 � s3csp1zp1

� s5bsp2 _zp2 � s5csp2zp2
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Table 4. Natural frequencies of the intercity bus vehicle.

n 1 2 3 4 5 6 7 8 9 10
!n (Hz) 6.4 6.9 7.9 10.2 21.2 21.3 56.2 59.7 78.8 85.4

+ (s1bsv � s3bsp1 + s5bsp2) _z

+ (s1csv � s3csp1 + s5csp2) z

� (s1s2bsv + s3s4bsp1 � s5s6bsp2) _�

� (s1s2csv + s3s4csp1 � s5s6csp2) � � 2e2
1bp _'1

� 2e2
1cp'1 � 2e2

2bz _'2 � 2e2
2cz'2 = 0; (7)

�:

Jy �� + (s2
2bsv + s2

4bsp1 + s2
6bsp2 + 2a2bp + 2b2bz) _�

+ (s2
2csv + s2

4csp1 + s2
6csp2 + 2a2cp + 2b2bz)�

+ s2bsv _zv + s2csvzv + s4bsp1 _zp1 + s4csp1zp1

� s6bsp2 _zp2 � s6csp2zp2

+ (s2bsv + s4bsp1 � s6bsp2 + 2abp � 2bbz) _z

+ (s2csv + s4csp1 � s6csp2 + 2acp � 2bcz) z

� (s1s2bsv � s3s4bsp1 � s5s6bsp2) _'

� (s1s2csv � s3s4csp1 � s5s6csp2)'

� 2abp _z1 � 2acpz1 � 2bbz _z2 � 2bczz2 = 0; (8)

'1:

Jx1 �'1 + 2(e2
1bp + f2

1 bzp) _'2 + 2(e2
1cp + f2

1 cpp)'1

� 2e2
1bp _� � 2e2

1cp� = �f1bpp _"pd + f1cpp"pd

+ f1bpp _"pl + f1cpp"pl; (9)

'2:

Jx2 �'2 + 2(e2
2bz + f2

2 bpp) _'1 + 2(e2
2cz + f2

2 czp)'2

� 2e2
2bz _� � 2e2

2cz� = �f2bzp _"zd + f2czp"pd

+ f1bzp _"zl + f1czp"zl: (10)

After extracting a system of di�erential equations by
Lagrange's equations for each degree of freedom, these
equations can be written in the matrix form as follows:

[M ]10�10 f�xg10�1 + [C]10�10 f _xg10�1

+ [K]10�10fxg10�1 = fFg10�1: (11)

In this matrix form, [M ]10�10, [C]10�10, and [K]10�10
are the mass, damping, and spring sti�ness coe�cient
matrices. In addition, f�xg10�1, f _xg10�1, and fxg10�1
denote the acceleration, velocity, and displacement
of the degrees of freedom. Matrix fFg10�1 is the
external force e�ect, which is representative of the
e�ect of displacement excitation due to the road surface
pro�le in this problem. These equations can be solved
in the modal space, e.g., through the Runge-Kutta
numerical method. Natural frequencies of the intercity
bus vehicle model are given in Table 4.

2.2. Dynamics of the intercity bus vehicle with
vibration absorbers

To suppress the unwanted vibrations in the bus, the
passive strategy is used in this study. As shown in
Figure 3, a mass-spring-damper is embedded under
each seat of the model. By implementing the three
vertical vibration absorbers under the driver's seat
(Zex v) and each of two other passengers' seats (Zexp1,
Zexp2), the model becomes a 13-DOF one.

The dynamic equations of the intercity bus with
passive absorbers (as 13-DOF model) can be obtained
via Lagrange's equations (Eqs. (12){(17)). Additional
terms appear in the equations due to an increase in the
system's degrees of freedom. These new terms are il-
lustrated in the following expressions (with blue color):

For vertical motions of each seat:

Zv:

mv�zv+csv _zv+ksvzv�csv _z�ksvz�s1csv _'�s1ksv'

+ s2csv _� + s2ksv� � cex v _zex v � cex vkex v = 0;
(12)

Figure 3. Schematic view of the passive absorber used
for the seats.
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Zp1:

mp1�zp1 + csp1 _zp1 + ksp1zp1 � csp1 _z � ksp1z

+ s3csp1 _'+ s3ksp1'+ s4csp1t� + s4ksp1�

� cex p1 _zex p1 � kex p1zex p1 = 0: (13)

Zp2:

mp2�zp2 + csp2 _zp2 + ksp2zp1 � csp2 _z � ksp2z
+ s3csp2 _'+ s3ksp2'+ s4csp2 _� + s4ksp2�

� cex p2 _zex p2 � kex p2zex p2 = 0: (14)

For vertical motions of the damper under each seat:

Zv:

mex v�zex v + cex v _zex v + kex vzex v � cex v _zv

� kex vzv = 0; (15)

Zp1:

mex p1�zex p1 + cex p1 _zex p1 + kex p1zex p1

� cex p1 _zp1 � kex p1zp1 = 0; (16)

Zp2:

mex p2�zex p2 + cex p2 _zex p2 + kex p2zex p2

� cex p2 _zp2 � kex p2zp2 = 0: (17)

In the case of rotational motions, the equations are
similar to those of the 10-DOF model (Eqs. (7){(10)).
Similar to the 10-DOFs system, di�erential equations
can be written in the matrix form and then solved
through a numerical approach; for instance consider
the Runge-Kutta method in the modal space:

[M ]13�13 f�xg13�1 + [C]13�13 f _xg13�1

+ [K]13�13fxg13�1 = fFg13�1: (18)

2.3. Random model of the road pro�le
Road roughness pro�le can be modeled as a stochastic
phenomenon. The stochastic model proposed by Jo-
hannesson et al. [43] is used in this study to de�ne the
vertical displacement of a single point on the road track
as follows:

�(t) =
NX
i=1

Ai cos(2�
it+ �i): (19)

In this formulation, � is the temporal displacement of
a single point on the road described as a summation of

harmonic functions with Ai amplitudes, 
i frequencies,
and �i phase degrees which are distributed randomly
in [0� 2�]. Frequencies (
i) are calculated as follows:


i = 
l +
�
i� 1

2

�
�
; (20)

�
 =

u � 
l
N

; (21)

where �
 is the frequency step. The frequency
bounds are considered to be 
u = 50 Hz for the
upper frequency bound and 
l = 0:5 Hz for the lower
frequency bound. The amplitudes (Ai) are described
as follows:

Ai =
q

2��(
i)�
; (22)

where ��(
i) denotes the road roughness coe�cient
and is calculated in the following by means of Power
Spectral Density (PSD):

��(
) = V w�1��(�0)
��0




�w
; (23)

where ��(�0) is the road roughness coe�cient for
the reference spatial frequency and w is the �tted
PSD exponent. The values for these parameters are
extracted for an asphalt concrete road with a good
condition as w = 2:2 and ��(�0) = 1:3 for �0 = 1.
Moreover, the speed is assumed to be V = 80 km/h =
22:23 m/s in the simulations.

After generating a random pro�le for vertical
displacements of two front wheels (�pd, �pl) in the bus,
the vertical displacements of the rear wheels can be
calculated with a time delay of l=V seconds due to the
constant speed of the bus. Figure 4 presents this time
shift for a randomly generated pro�le.

Figure 4. A random generated vertical displacement of
the front wheels (|) and rear wheels (- - -) for left (upper
pro�le) and right (lower pro�le) wheels sets.
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3. Dynamic response of the intercity bus
model without passive absorbers

3.1. Time response of the 10-DOF model
under random excitation

Dynamic study of the 3-DOF model is of signi�cance
and it includes the driver's seat located in the front
overhang (Zd), a passenger's seat located in the middle
of the bus (Zp1), and a passenger's seat located in
the rear overhang (Zp2). The related time responses
of these locations under random road excitations are
shown in Figure 5.

3.2. Time response of the 10-DOF model
under harmonic excitation

In an approach distinct from the random excitation
model, harmonic excitation of the road pro�le can
be used to extract the maximum amplitude of the
displacement of each degree of freedom in the frequency
domain called the frequency response of the model. In
this approach, the amplitude of harmonic excitation
is assumed 2 cm, which is approximately equal to the
maximum vertical displacement in the random pro�le
of the road roughness, as shown in Figure 4.

Similar to the random pro�le of the road rough-
ness, the harmonic pro�le is calculated for the front

Figure 5. Vertical displacement of (a) the driver's seat,
(b) the passenger's seat P1 (middle seat), and (c) the
passenger's seat P2 (rear seat) under a random excitation
of the road pro�le.

wheels on each side of the vehicle and then, the pro�les
of the rear wheels are calculated with a time delay of
l=V seconds.

To elaborate on the e�ects of the designed ab-
sorbers on the vibrations of the driver and passengers,
two distinct models are considered in this study. In the
next simulations, one model is employed in the presence
of the bus suspension parameters (damped model) and
the other one is utilized in the absence of the suspension
absorption parameters (undamped model), for which
the absorption characteristics of the suspension system
b1, bp, b2, and bz are assumed zero.

Natural frequencies of the system are distributed
in the frequency range of 0{100 Hz, as listed in Table 4.
The frequency responses of the 10-DOF model without
suspension for driver's and passengers' seats are given
in Figure 6.

According to Figure 6, resonance phenomenon
occurs in the lower frequency range of 0{30 Hz, as
already expected. Therefore, further simulations are
concentrated in this frequency domain of the system.

Figure 6. Frequency response of (a) the driver's seat, (b)
the passenger's seat P1 (middle seat), and (c) the
passenger's seat P2 (rear seat) in the 10-DOF model.
Vertical lines are the natural frequencies of the model.
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For the frequency range of 0{30 Hz, a comparison
between the frequency responses of the 10-DOFs model
in the presence and absence of the suspension system
is shown in Figure 7.

The e�ect of the bus suspension system is clearly
shown in Figure 7. As observed, the vibration am-
plitudes transmitted to the driver's and passengers'
seats are reduced in the presence of the suspension
system, especially near the natural frequencies where
the resonance occurs. One objective of this study is to

Figure 7. Frequency response of (a) the driver's seat, (b)
the passenger's seat P1 (middle seat), and (c) the
passenger's seat P2 (rear seat) in the 10-DOF model in
0{30 Hz for the undamped model (|) and the damped
mode (- - -).

signi�cantly reduce these amplitudes by means of the
embedded mass-spring-damper absorbers to decrease
the health risk and increase the comfort of the driver
and passengers.

4. Optimum design of tunable passive
vibration absorbers

The characteristics of the absorbers can be optimized
through di�erent methods. The 13-DOF dynamic
model of the intercity bus including the three passive-
mass-spring-damper shock absorbers embedded under
each of the three seats is considered. The design
method used in this study is an iterative optimization
method used for decreasing the vertical vibration am-
plitudes in the driver's and passengers' seats. Three
vibrational characteristics include the mass, spring
sti�ness, and damping. Of note, the damping factor
was not optimized since an increase in this factor would
lead to a decrease in the vertical vibration amplitudes
of the seats. Thus, the damping value has been set to
a commonly used value of c = 10 Ns/m in practice.

The algorithm employed in this paper was �rst
choosing initial values for mass (m = 10 kg) and
damping factors (c = 10 Ns/m) for each of the three
seats. Then, the maximum amplitudes of the vertical
displacement for each of the three seats were recorded
for di�erent values of spring sti�ness k in the domain
of 100{1000 N/m by running the harmonic simulation
of the undamped model in the frequency range of
0{30 Hz. The spring sti�ness that resulted in the
minimum vertical displacement amplitude was then
reported as the optimum value of the sti�ness of the
absorber for each seat. Figure 8 shows the optimum
point of spring sti�ness for the absorbers of each of the
three seats. Optimization algorithm in this stage leads
to an optimum sti�ness value equal to 410 N/m for the
driver's seat absorber and also, to the sti�ness value of
620 N/m for the passengers' seats.

After extracting the spring sti�ness, the same
optimization algorithm was performed for the mass of
the absorbers to �nd the mass values, thus yielding
the minimum vertical displacement of the seats. This
iterative algorithm for optimizing sti�ness and mass
is practicable if the �nal vibrational characteristics
are not signi�cantly di�erent from the initial values.
Figure 9 demonstrates the optimum absorber mass for
each of the three seats in the undamped model.

The results showed the optimum mass values of
15 kg and 10 kg for the driver's and the passengers'
seat absorbers, respectively. Note that the �nal mass
values of the absorbers are not signi�cantly di�erent
from their initial values at 10 kg; therefore, the
iterative optimization method is practicable and the
optimum values for vibrational characteristics are given
as follows:
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Figure 8. Maximum vertical displacement of (a) the
driver's seat, (b) the passenger's seat P1 (middle seat),
and (c) the passenger's seat P2 (rear seat) by changing
the absorber's sti�ness value. The vertical line shows the
optimum point.

Figure 9. Maximum vertical displacement of (a) the
driver's seat, (b) the passenger's seat P1 (middle seat),
and (c) the passenger's seat P2 (rear seat) by changing
the absorber's mass value. The vertical line shows the
optimum point.

mex v = 15 kg; mex p1 = mex p2 = 10 kg;

kex v = 410 N/m; kex p1 = kex p2 = 620 N/m;

cex v = cex p1 = cex p2 = 10 Nsm: (24)

5. The e�ect of designed optimum absorbers
on suppression of vibrations

The e�ects of the passive absorbers embedded un-
der the three seats can be evaluated by comparing
frequency responses, time responses of the vertical
displacements, and vertical accelerations of the driver's
and the passengers' seats in the 10-DOF and 13-DOF
models.

5.1. The e�ect of designed optimum absorbers
on the frequency response of the system

By applying the optimum vibrational characteristics
of the absorbers in the 13-DOF model, harmonic
responses can be calculated for both damped and
undamped models. Figure 10 shows the e�ect of
embedding absorbers on the response of the undamped
model. Figure 11 shows the same e�ect on the response
of the damped model.

According to a comparison made between the
model with the absorbers and that without them,
in both damped and undamped cases, embedding
passive absorbers under the seats reduces the maxi-
mum amplitude of seat vibrations, especially near the
natural frequencies. Although the amount of vibration
reduction is considerable for all seats, it has been
more signi�cant for the passengers' seats than the
driver's.

5.2. The e�ect of designed absorbers on time
response of the system under random
excitation

The e�ect of implementing passive absorbers can be
evaluated under random excitations caused by road
roughness. Figure 12 shows the e�ect of the designed
absorbers on suppressing the vibrations in the driver's
and passengers' seats.

Of note, according to the simulation results,
similar random functions of road excitation are used
in the models with/without absorbers to provide the
same condition, which �nally resulted in a more ac-
curate comparison. Figure 12 demonstrates a total
reduction in the amplitudes of displacements in random
excitation and this reduction is more signi�cant in the
passengers' seats than the driver's.

5.3. The e�ect of designed absorbers on the
vertical acceleration of the system under
random excitation

By calculating the second time derivative of the vertical
displacements of the seats under the random exci-
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Figure 10. The e�ect of passive absorbers on the
frequency response of (a) the driver's seat, (b) the
passenger's seat P1 (middle seat), and (c) the passenger's
seat P2 (rear seat) for undamped models without
absorber (|) and with absorber (- - -). Vertical lines are
the natural frequencies of the model.

tation, vertical accelerations of the seats are calcu-
lated. Vertical acceleration corresponds to the vertical
force transmitted from the seat to the human body.
The comparison of the vertical acceleration of the
driver's and passengers' seats in the undamped model
with/without absorbers is shown in Figure 13.

After embedding the absorbers and according to
these signi�cant reductions in the amplitudes of the
vertical accelerations, it is expected that lower vertical
forces be transmitted from the seat to the human body.

Figure 11. The e�ect of passive absorbers on the
frequency response of (a) the driver's seat, (b) the
passenger's seat P1 (middle seat), and (c) the passenger's
seat P2 (rear seat) for damped models without absorber
(|) and with absorber (- - -).

6. Conclusions

A passive vibration isolation method was proposed in
this paper to reduce the unwanted vibrational e�ects
of road roughness on passengers of an intercity bus
vehicle. To provide a more accurate simulation of real
conditions and investigate the vibrations transmitted
to the seats, a 10-DOF model of the bus vehicle was
considered. following the inclusion of the optimized
mass-spring-damper absorbers for the seats, a 13-DOF
model was developed.

Implementation of the passive absorbers under
the two passengers' seats and the driver's seat led to
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Figure 12. The e�ect of passive absorbers on the vertical
displacement of (a) the driver's seat, (b) the passenger's
seat P1 (middle seat), and (c) the passenger's seat P2
(rear seat) for undamped models without absorber (- - -)
and with absorber (|) (under random excitation).

a considerable reduction in vertical vibration ampli-
tudes under harmonic excitation of road roughness.
The amount of reduction is more signi�cant near the
natural frequencies of the vehicle where the resonance
phenomenon occurs.

Under random excitations of the road roughness,
it is shown that the vibration amplitudes and accel-
erations of the driver's and passengers' seats are also
decreased by the seat passive absorbers. For both cases
of the harmonic and random excitations, the reduction
values are higher in the passengers' seats than the
driver's seat.

According to the results, using the passive mass-
spring-damper absorbers was suggested for suppression
of vibrations in the bus vehicle. This method is
also more economically pragmatic for the public trans-
portation vehicles to enhance ride quality and comfort
and reduce the health risks associated with unwanted
vibrations. Lower costs of and e�orts for designing

Figure 13. The e�ect of passive absorbers on the vertical
acceleration of (a) the driver's seat, (b) the passenger's
seat P1 (middle seat), and (c) the passenger's seat P2
(rear seat) for undamped models without absorber (- - -)
and with absorber (|) (under random excitation).

and embedding the passive seat absorbers were weighed
against the advantages of the semi-active and active
methods for reducing the unwanted vibrations in a
bus vehicle. However, according to the results, the
passive method was less e�ective for the driver's seat
than the passengers' seats). Although the vibration
enhancements were made using passive absorbers for
the driver's seat, it is suggested that an active or semi-
active absorber be used due to its longer exposure
to unwanted vibrations. In future work, we hope to
enhance our modeling approach so that the mechanical
characteristics of the human body can be taken into
account. Mechanistic modeling of human body has
been explored across many �elds of study [44{46] and
its detailed investigation would lead to a more solid
design of vibration absorbers.
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